Let D be the open unit disk in the complex plane C. Throughout this paper, we denote by H(B), the space of holomorphic functions on D and by S(B) the class of holomorphic self-maps of D. Let dA(z) = ±dxdy = £rdrdd be the normalized area measure on B. For each /3 e (-1, oo), we set dvp{z) = (/? 4-1)(1 -\z\ 2 ) l3 dA(z), zeD. Then dvp is a probability measure on B. For 0 < p < oo the weighted Bergman space A P p is defined as
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Let D be the open unit disk in the complex plane C. Throughout this paper, we denote by H(B), the space of holomorphic functions on D and by S(B) the class of holomorphic self-maps of D. Let dA(z) = ±dxdy = £rdrdd be the normalized area measure on B. For each /3 e (-1, oo), we set dvp{z) = (/? 4-1)(1 -\z\ 2 ) l3 dA(z), zeD. Then dvp is a probability measure on B. For 0 < p < oo the weighted Bergman space A P p is defined as The space A^j-appears in the limit as p -> 0 of the weighted Bergman space A P p, in the sense of and it contains all the Bergman spaces AFp. Obviously, the inequality log + x < log(l + x) < 1 + log 4 " x, x > 0 implies that / E A^j-if and only if
A P r = \l0g(l + \f(z)\)dup(z)<00. D
Of course, we are abusing the term norm since H/IL^ fails to satisfy the properties of norm, but in this case (/, g) -> ||/ -g\\AP defines a translation invariant metric on A^j-and this turns A^-into a complete metric space. Also, by subharmonicity of log(l + \ f(z)\), we have
for all / £ Ajj. In particular, ( Recently, several authors have studied these operators on different spaces of analytic functions. For example, one can refer to ([6] , [9] , [10] 
A subset E of A^ is bounded if it is bounded for the defining F-norm
Given a Banach space we say that a linear map T : A^--• y is bounded if T (E) C y is bounded for every bounded subset E of A^. In addition, we say that T is compact if T (E) C y is relatively compact for every bounded set E C Ay.
The following criterion for compactness is a useful tool to us and it follows from standard arguments, for example, to those outlined in Proposition 3.11 of [4] , For completeness, we include its proof. 
Proof. It suffices to show only two implications: (i)=»(iii) and (iii)=>(ii). (i)=S>(iii). Suppose (i) holds.
Let A e D be fixed. For w = <p(X) and c > 0, consider the function ,,,
Using the inequalities log (1 + xy) < log (1 + x) + log (1 + y); x,y> 0 and is bounded, we can find a constant M > 0 such that
. 
| <p(z)\<r
On the other hand, whenever r -• 1, we have (ii) : Ajlf -> Bq is compact.
(iii) For all c > 0,
->1
= 0.
Proof. Once again we only need to prove two implications: (i)=>(iii) and (iii)=Ki). (i)=4>(iii)
. By taking / (z) = c, a constant function in Ajij-, we get for all c > 0, whenever r2 < \z\ < 1. Thus, whenever T2 < \z\ < 1 and r\ < \<p (z)\ < 1, we have Taking limi^^)^! on both sides of above inequality, we get (2.6).
(iii)=>(ii 
Combining the above estimates, we see that \\Ig,ipfn]\^-a -> 0 as n -> oo. This completes the proof. 
